






























































































































































































































　　a0xn+a1xn-1 + … + an-1x + an=0 (1)




　系１．整数係数 monic n 次方程式の実数解は整
数かまたは無理数である．
　系２．整数点係数 monic n 次方程式の解は整数
点か無理数点のどちらかである．
　定理の証明．Let a be a solution of (1) which 
satisfies  (#).  Suppose a ∈QC . Since a－  ∈QC , it 
folows that









　　 am-n+1 0　　akqn-1∈ZC（n≦k≦m）　　　　　　　(4) 
If 0≦m≦n－1, then aq＝  q+p∈ZC　by (2) and 
hence
　　amqn-1＝（aq） mqn-m-1＝（ q+p） mqn-m-1∈ZC,
so (3) holds. Multiplying each side of (1) by qn-1 , 
we have from (3) that
　　  (5)
Multiplying each side of (5) by a0a, we have 
from (3) and (5) that
　　 
By using the same argument, we have
　　al+1 0　an+lqn-1∈ZC （渥 ＝0,1,2,…） . （6）
Hence if m≧n, then we have from (6) that
　　 
and so (4) holds.  Now put xm＝ (a- )mqn-1 
（m≧n） ,then xm ≠0(m≧n) by (2). Note that
  
Since the first term of the above equation 
/
a0m-n+1
belongs to ZC by (3) and the 
second term also  belongs to ZC　 by (4), we have
　　xm∈ZC {0}(m≧n). (7)
However since a satisfies (#), it folows that
　　 
This contracts (7) and so a must be an irrational 
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